T ρ of T . By definition, the local spectrum of T at x , denoted by ( )
is the complement of ( ) 
Generally, the local spectrum of an operator ( ) H B T ∈ may be very "small" with respect to its usual spectrum.
Indeed, let σ be a "small" part of ( ) 
) (
It is easy to verify that for every 
Note also that for every nonzero
is said to be completely non-unitary if it has no proper reducing subspace on which it acts as a unitary operator. As is well known (Nikolski, 1986) 
is a contraction, then there exists a canonical decomposition (with respect to T ) of the space H into two T -invariant subspaces:
is a unitary operator, where the subspace L is defined by: It can be seen that if
is frequently related to unitary spectrum of the underlying operator. This is well illustrated by the following classical result of Nagy-Foias (Nagy and Foias, 1966) . If the unitary spectrum of a completely non-unitary contraction
Lebesgue measure zero, then
for all H x ∈ ∈ ∈ ∈ (the proof based on unitary dilation arguments). In this paper, we address the problem whether local and quantitative versions of the Nagy-Foias Theorem hold. For related results see (Allan and Ransford, 1989; Batty et al., 1998; Mustafayev, 2010) .
RESULTS
The following theorem is the main result of this paper.
Theorem 1

Let
( )
H B T ∈ be a contraction and let
is of Lebesgue measure zero. Then, we have:
x is the unitary part of x in the canonical decomposition of the space H with respect to T .
For the proof, we need the following lemmas.
be a contraction, let E be a T -invariant subspace, and let
π be the canonical mapping. Then, the following assertions hold:
)
where Tˆ is the induced mapping;
For the reverse inclusion, let an arbitrary
be given. Then, there exists a neighborhood 
) 
, then there exists a neighborhood λ 
is called an isometry if
is a cyclic vector of ( )
is an isometry and
Proof
Assume that
We must show that ( ( 
µ σ
, where v is a vector measure on Γ that is defined by ( (
Assume that and Foias, 1966) , there exists a decomposition 
is a cyclic vector of 1
.
Proof By Nagy-Foias Theorem (Nagy and Foias, 1966) , there exist an isometry V and a quasi-affinity X on H intertwining T and V ;
, then there exists a neighborhood
Also, since Xx is a cyclic vector of
On the other hand, taking into account Lemma 1 a) and (1), we can write
Hence, we have
We see that under the hypotheses of the Lemma, the Lebesgue measure of 
, and so ( (
. Using now the identity (2), we can write
. Since X has zero kernel, we obtain that ( (
) 0
as a following way: Take a function
. By Rudin-Carleson Theorem (Beauzamy, 1988) , there exists a function
, and
Set ( (
By Lemma 3, h is a well-defined linear mapping. On the other hand, it follows from von Neumann inequality and the identity (4), the mapping ℎ is bounded. Note also that if 
Then, S is a contraction on H which commutes with .
Thus,
. We know (Nagy and Then, we have
